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H i =ind(aw) = ind(wa) > 0. WFELEDFH aw = a1 + 1, wa = az + B2, waw = o + 3, FHA
B X — X, 0,6 Y — Y, q,6:Y — X, MH a1 = fron =0, azfla = fraz = 0,
af = fa =0, ind(w) <1, ind(az) <1, a1 = [(aw)aly, a2 = [(wa)aly. F >0, W By, B &
WEIERCY ind(f1) = ind(B2) = 7 KR M.



No.3 MBEIESE: BAMHISHE w - DAL Drazin i 749

iE i = ind(aw) = ind(wa) > 0, B (10) X A]75

a1 0 _ wip 0 _
a=t s 1, w=Ss t 1,
0 a9 0 w2
apwi; 0 . wiiair 0 .
aw = t7, wa=s s,
0  asowae 0 wooage
w11G11W11 0 1
waw = 8 t .
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HA s, ¢, ann, win BIHEH,  aw, was BFFEECH « WRZDS. HCH 3] 5
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R B 1
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The w-weighted Drazin Inverse of Morphisms with Kernels

Liu Xiaoji 2Zhang Shiguang
(* College of Mathematics and Computer Science, Guangzi University for Nationalities,
Guangzi Nanning 530006;
2 Department of Mathematics and Information, Hengshui University, Hebei Hengshui 053000)

Abstract: Leta: X — Y, w:Y — X be morphisms in an additive category, k1 : K1 — X
be a kernel of (aw)?, ks : K» — Y be a kernel of (wa)’. Then the following propositions are
equivalent: (1) a has a w -weighted Drazin inverse aq., in £; (2 ) A : X — Ly is cokernel
of (aw)?, k1M1 and (aw)'™ + Ay (k1 A1)~ tky are invertible; (3) Ay : Y — Ly is cokernel of
(wa)?, kaAg and (wa)?Tt 4+ Xg(koA2) ~Lks are invertible. And the Core-Nilpotent decomposition
of w-weighted Drazin inverse of morphisms in the exact additive category £ with {1}-inverse
is studied, the existence for the Core-Nilpotent decomposition of w-weighted Drazin inverse of
morphisms is proved. The extension of Drazin inverse of morphisms with kernels and its Core-
Nilpotent decomposition are introduced and representations for its w-weighted Drazin inverse
and Core-Nilpotent decomposition are derived.

Key words: Exact additive category; w-weighted Drazin inverse; Core-nilpotent decomposi-
tion.
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