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{\small\begir{ egnarray*} \lim_{ n\rightarrow\infty}\frac{ 1} {\log n}\sum_{ k=1} "n\frac{ 1} { K} I\bigg\{ \bigg( \frac{\prod_
{j=1} kS _jH k'\mu"k}\bigg){ 1/(\gammalsigma_1\sgrt{ k})}\le x\bigg\} =F(x),\ \ {\rm a.s.}, \end{ eqnarray*} } \vskip-8pt
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An Almost Sure Central Limit Theorem of Products of Sums for $\rho$-
mixing Sequences

Jing Sen JIN(1), Jan Feng WANG(2), Li Xin ZHANG(2)

(1) Department of Mathematics, Taizhou University, Linhai 317000; (2)Department of Mathematics,
Zhegjiang University, Hangzhou 310028, P. R. China

Abstract Let $\{ X_n, n\geql\} $ be a strictly stationary $\rho$-mixing sequence of positive random variables with $\ep
X_1=\mu>0$ and $\Var(X_1)=\sigma2$. Denote $S_n=\sum_{i=1}"nX_i$ and Hgamma=\sigma/\mu$. Under suitable
conditions, we show that for any $x$, %6\vbox \vspace* {-3mm} {\begin{ egnarray*} \lim_{ n\rightarrow\infty}\frac{ 1} {\log
np\sum_{k=1}"n\frac{ 1} { K} I\bigg\{ \bigg( \frac{\prod_{j=1} kS j}{k'\mu"k}\bigg){ 1/(\gammalsigma_1\sgrt{ k} )} \le
x\bigg\} =F(x),\\ {\rm as}, \end{ egnarray*} } \vskip-10pt \noindent where $\sigma._{ 1} *2=1+\frac{ 2} {\sigma2} \sum_
{j=2}Ninfty\Cov(X_1, X_j)$, $F(\cdot)$ is the distribution function of the random variable $eM{\sqrt{ 2} {\scr {N}}}$,
$\mathcal{ N} $ is a standard normal random variable. The result of Khurelbaatar and Rempa{\I} ais a special case of ours.
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